FROM THE POINT OF VIEW OF PHYSICS
III
its intersection with a till it coincides with a and so describes the angle /?, we shall have rotated b from its initial to its final position a through the angle n in the same sense.1 Therefore the exterior angle /A = a + fi, and since /*+ y = 2.R, also a -f ft + y = 2R. Displacing (Fig. 15) the rigid system of lines a, b, c, which intersect at i, within their plane to the position 2, the line a always remaining within itself, no alteration of angles will be caused by the mere
Fig. 15.
motion. The sum of the interior angles of the triangle i 2 3 so produced is evidently 2 R. The same consideration also throws into relief the properties
*C. E. Kosack, Beitrage zu einer systematiscJien Entwickel-ung der Geometric aus der Anschauung, Nordhausen, 1852. I was able to see this programme through the kindness of Prof. F. Pietzker of Nordhausen. Similar simple deductions are found in Bernhard Becker's Leitfaden fur den ersten TJnter-richt in der Geometric, Frankfort on the Main, 1845, and in the same author's treatise Ueber die Methoden des geo-metrischen Unterrichts, Frankfort, 1845. I gained access to the first-named book through the kindness of Dr. M. Schuster of Oldenburg.ight line and of a third point with a fixed plane laid through that straight line,—granting that these facts were separately observed, it would be known how to distinguish between pure rotation,er die Thatsachen, welche cler Geometrie zu Grimde liegen.'' Gottinger Nachrichten, 1868, June 3.
